equations. It is also applicable to various classes of multistage continuous games, such as games of survival.
If-as is necessary in more realistic mathematical models dealing with the production of capital goods-time lags are taken into account, the complexity of the problem increases.
A complete and detailed treatment of the above problem will be presented subsequently, together with a discussion of extensions in the directions just cited.
1 Bellman, R., "On the Theory of Dynamic Programming," PRoc. NATL. ACAD. ScI., 38, pp. 716-719 (1952) . 2 Bellman, R., Glicksberg, I., and Gross, O., "On Some Variational Problems Occurring in the Theory of Dynamic Programming," Ibid., 39, 298-301 (1953) . 3 Note added in proof: In the meantime, we have developed a method based upon simultaneous consideration of the problem and its dual, which makes the verification quite simple. 
ON STEENROD'S REDUCED POWERS, THE INDEX OF INERTIA, AND THE TODD GENUS

(M).T(M'
). This (in the algebraic case) was checked by Todd2 for dimensions not exceeding 6 .
For a class x e H2(M,,, Z) we can define a virtual Todd genus T(x), which is a polynomial of weight n in x and the Chern classes of Mn, such that T(x) is the Todd genus of every admissible almost complex subvariety Vn _. 1 of Mn representing x. Moreover, if xl, x2 e H2(Mn, Z) we can define a virtual Todd genus T(x1, x2) with T(x1, x2) = T(x2, xI) such that for every admissible almost complex subvariety Vn 1 representing xI, the number T(x1, x2) is the virtual genus with respect to Vn -1 of the restriction of x2 to V,, -1. The virtual genus T(x1, x2) is a polynomial of weight n in xl, x2 and the Chern classes of Mn. The following theorem is well known in algebraic geometry: THEOREM 4.3. For xl, x2 e H2(Mn, Z), we have T(x1 + X2) = T(x1) + T(x2) -T(x1, X2).
Investigation of the semantics of pure and applied analysis reveals that there exist three different concepts of a variable, which may conveniently be described as a logical, a scientific, and a mathematical concept. Followers of Weierstrass -have treated the logical notion; French analysts, the mathematical and scientific ideas. The confusion of the three concepts accounts for the obscurity which marks the introductions to many treatises on analysis. The lack of a distinction is also one of the reasons that prompted Russell to call the notion of variable "one of the most difficult with which logic has to deal." Severally, the concepts and their mutual relations (which we propose to study within the realm of real numbers) seem clear and simple.
The Logwcal Concepts of Arithmetized Amlysis.-A function is a nonempty set of ordered pairs of numbers such that no two pairs of the set contain equal first and unequal second elements. The set of all first (second) elements of the pairs, referred to as arguments (values), is called the domain (the range) of the function. In arithmnetized analysis (in conformity with the usage of modem logic), a real variable is a symbol which stands for any element of a certain set of real numbers, called the range of the variable. E.g., the set of pairs (x, tan x), for all numbers x which are not odd multiples of Tr/2, is a function which we shall denote by tan. The letter x in the definition of tan and in theformula D tanx = sec2 x is a variable having the domain of tan as range. The symbols log and v,/ denote other functions.
For the set of all pairs (x, x), in spite of the paramount importance of this function, no traditional symbol exists. We shall denote this identity function by l, and write &n, 16. 2, and 16 for the functions (x, x"), (x, 16x2), and (x, 16), respectively, which traditionally are referred to as the functions x, xm, 16x2, and 16, that is, by their values for x. (Even references
